We study Ricci-semi symmetric,  -Ricci semisymmetric and  -symmetric Lorentzian  -Sasakian manifolds. Also, we study a Lorentzia  -Sasakian manifold satisfies
Preliminaries
A differentiable manifold M of dimension n is called a Lorentzian  -Sasakian manifold if it admits a (1,1) tensor filed  , a contravariant vector field  , a covariant vector field  and Lorentzian metric g which satisfy [4, 7] 
. From the above relations it follows that a Lorentzian  -Sasakian manifold satisfies X
(2.8) where  denotes the operator of covariant differentiation with respect to the Lorentzian metric g . Also, a Lorentzian  -Sasakian manifold M is said to be  -Einstein if its Ricci tensor S is of the form
Further, on such an From the above relations it follows that a Lorentzian  -Sasakian manifold satisfiesthe following relations hold [7] ), )
is the curvature tensor, and S is the Ricci tensor. 
Main Results
In this section, we prove the following theorems:
Proof. Suppose that M is Ricci semisymmetric then in view of (2.18) we have
3) and using (2.2), (2.5) and (2.13) we obtain
Therefore, in view of (2.9), M is an  -Einstein manifold. This completes the proof of the theorem.
Definition 3.2 A Lorentzian  -Sasakian manifold M is said to be  -Ricci symmetric if the Ricci operator satisfies
. If X and Y are orthogonal to  , then manifold is said to be locally  -Ricci symmetric.
Theorem 3.3 An n -dimensional Lorentzian  -Sasakian manifold is  -Ricci symmetric if and only if manifold is an Einstein manifold.
Proof. Suppose that the manifold is  -Ricci symmetric then in view of Definition 3.2 we have
(3.6) Using (2.4), (2.13) and (2.14) in (3.6) we obtain 0. 
and  is constant. Hence
Therefore, we obtain
. This completes the proof.
Theorem 3.4 An
(3.10) Using (3.10) in (3.9) we get by virtue of (2.13)
in the above equation an using (2.10)-(2.13) we get
Therefore, in view of (2.9) manifold is an  -Einstein manifold. The proof is complete. Proof. If manifold is  -symmetric then in view of Definition 3.5 we have
, be an orthonormal basis of tangent space at any point of the manifold. Then by putting i e U X = = in (3.11) and taking summation over i ,
in the above equation, we obtain
The second term of (3.12), takes the form 
